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Neutral Relations

Kit Fine

There is a standard view of relations, held by philosophers and
logicians alike, according to which we may meaningfully talk of a
relation holding of several objects in a given order. Thus it is sup-
posed that we may meaningfully—indeed, correctly—talk of the
relation loves holding of Anthony and Cleopatra or of the relation
between holding of New York, Washington, and Boston. But innoc-
uous as this view might appear to be, it cannot be accepted as
applying to all relations whatever. For there is an important class
of metaphysical and linguistic contexts which call for an alternative
conception of relation, one for which the order of the relata plays
no role and in which the application of the relation to its relata is
achieved by other means.

My argument for this conclusion will be roughly Hegelian in
form (though not at all in content). I begin with a thesis, the
standard view on relations, and consider various problems to which
it gives rise (§1). After considering what is required of a solution
to these problems (§2), I propose an antithesis, the positionalist
view, according to which each relation is taken to be endowed with
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a given number of argument-places, or positions, in no specified
order (§3). But this view is beset with certain ontological and sub-
stantive problems; and I conclude with a synthesis, the antiposi-
tionalist view, which combines the virtues of the two previous ac-
counts (§4) and is seen to lead to a distinctive conception of re-
lations (§5).

I have largely confined my attention to metaphysical issues; and
as a consequence, two important topics have not been pursued.
One is the logic of complex neutral relations; and the other is the
role of neutral relations in the interpretation of language (and in
our mental representation of reality). However, I hope enough has
been said on the metaphysics of the issue to make clear why these
topics are of interest and how they might be developed.

1. The Problem

In this section, I shall argue for the inadequacy of the standard
view on relations. There are two routes by which this inadequacy
may be revealed, one metaphysical and the other linguistic. I shall
concentrate on the former, which is the more significant, and then
conclude with some remarks on the latter.

According to the standard view, there is a certain notion of
“holding” or exemplification that holds between a given relation
and its various relata. Thus we may say that the relation loves holds
of the objects a and % in this sense just in case a loves b. It should
be noted that the order of the relata is relevant to whether the
relation holds. Thus whereas loves holds of Don José and Carmen,
it does not hold of Carmen and Don José.

I have no quarrel with the standard view as such and am pre-
pared to concede that there is an important class of relations to
which it correctly applies. However, it seems to me that there are
contexts that call for relations of an altogether different sort. These
relations cannot meaningfully be said to hold of their arguments
in a specified order, and an entirely different account of their na-
ture and exemplification is required.

The shortcomings of the standard view in this regard can be
traced to a simple, seemingly innocuous, consequence of the view,
namely, that each binary relation has a converse. To see how this
is a consequence, let us first note how it is possible to provide a
definition of converse in terms of the standard notion of exempli-
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fication; for, given any binary relation, we may define a converse
relation to be one that holds between the objects a and & just in
case the given relation holds between # and a.! But once given an
intelligible notion of converse, it is very plausible to suppose that
each relation Aas a converse. For it would be completely arbitrary
to suppose that a given relation might exist and yet not a con-
verse—that the relation of loving might exist, for example, and yet
not the relation of being loved. We should also note that a relation
will in general be distinct from its converse. For suppose that the
given relation is nonsymmetric, that is, for some objects @ and b,
it holds between @ and 5 but not between b and a. Then any con-
verse of the relation will not hold between @ and & and hence will
be distinct from the relation.

This consequence concerning converse is, of course, a special
case of a more general result. For given a relation of arbitrary
degree or ‘‘arity,”’? we may distinguish between the relation itself
and its various “permutations.” In the case of a ternary relation
R, for example, we may distinguish between R and a permutation
S that holds of the objects a, 5, and ¢ just in case R holds of 5, ¢,
and a. And just as it would be arbitrary to include a given binary
relation into one’s ontology and yet exclude a converse, so it would
be arbitrary to include a given n-ary relation and yet exclude any
of its permutations.

What makes this consequence so objectionable, from a meta-
physical standpoint, is a certain view of how relations are implicat-
ed in states or facts. Suppose that a given block a is on top of
another block b. Then there is a certain state of affairs s; that we
may describe as the state of a’s being on top of b. There is also a
certain state of affairs s, that may be described as the state of #'s
being beneath a. Yet surely the states s; and s, are the same. There
is a single state of affairs s “out there” in reality, consisting of the
blocks @ and b having the relative positions that they do; and the
different descriptions associated with s, and s, would merely appear
to provide two different ways at getting at this single state of affairs.

1There is a stricter notion of converse to which we shall also appeal. A
converse, in this stricter sense, is one that differs from the given relation
merely in the order of its arguments.

2] have assumed throughout the paper that all relations are of finite
degree. However, there is no difficulty in extending the discussion to re-
lations of arbitrary infinite degree.
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So far, no problem. But we are also inclined to think that a state
of affairs such as s is some sort of relational complex, consisting of
a relation in appropriate combination with its relata. However, if
this is so, then it is hard to see how the state s might consist both
of the relation on top of in combination with the given relata and
of the relation bereath in combination with those relata. Surely if
the state is a genuine relational complex, there must be a single
relation that can be correctly said to figure in the complex in com-
bination with the given relata.

But what might this relation be? It cannot be on top of, since, by
parity of reason, it should also be beneath. Nor can it be beneath,
since, by parity of reason, it should also be on top of. Thus it cannot
be either. Indeed, whatever we take the relation directly involved
in the state of affairs to be, it cannot have a converse. For we would
then face the very same problem vis-a- vis that relation and ¢ts con-
verse that we faced vis-a-vis on top of and beneath, namely, that what-
ever reason there was to take it to be the one is an equally good
reason to take it to be the other. We must therefore conclude that
the relation is not of a standard sort; it does not have a converse
and so, for the reasons given above, cannot meaningfully be said
to hold of its arguments in a specified order.

It is not only states and facts that lead to difficulties for the
standard view. I believe that, in addition to the blocks and the state
of one block being on top of the other, there is a new thing—the
blocks in the arrangement of one being on top of the other—that
exists only when the blocks are so arranged.® This thing is surely
the same as the blocks in the arrangement of the other being
beneath the one; and, granted that this single thing is a relational
complex, we have the same general reason, as in the case of states,
for supposing that the relation directly implicated in the complex
is not of a standard sort.

It will be helpful, for later purposes, to give a somewhat more
careful formulation of the above argument; and to this end, we
need to introduce the idea of completion. The completion of a re-
lation R by the objects a;, a,, ... is the state of the objects a;, as,
... standing in the relation R. Since I am not too concerned with
the exact identity of the completion—with whether it be a state,

3A theory of such objects, which I call rigid embodiments, has been out-
lined in Fine 1999.
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fact, proposition, or something else of this kind—I shall often refer
to it simply as a “complex.”

We should distinguish exemplification from completion. Exem-
plification is an extensional notion; it concerns the *“‘extension” of
a relation, what it relates. Completion, on the other hand, is an
intensional notion; it concerns the “content” of a relation, how it
relates. Exemplification, moreover, is expressed by a predicate ('is
exemplified by’), while completion is signified by an operation
('the completion of’).

Let us say that sis a completion of a relation if it is the completion
of that relation by some objects or other. Qur argument against
the adequacy of the standard view can now be seen to rest upon a
reductio from the following two assumptions:

Identity. Any completion of a relation is identical to a completion
of its converse.

Uniqueness. No complex is the completion of two distinct rela-
tions.

For suppose that there exists a completion of the nonsymmetric
relation R. By Identity, it is also a completion of a converse S of R.
By Uniqueness, S and R are the same. But by the nonsymmetry of
R, they are distinct.

We wish to adopt a conception of relations and their comple-
tions for which Uniqueness will hold and for which Identity will
also hold as long as there is a meaningful notion of converse. Since
these two assumptions lead to contradiction, we deny that this con-
ception of relations is one for which there is a meaningful notion
of converse.

Although I have stated the argument in terms of states or rela-
tional complexes of some other kind, it is possible to see the dif-
ficulty as arising from a more general view about the worldly role
that relations may assume. For we may think of relations as being
“out there” in the world and as belonging to reality itself rather
than to our representation of reality. But if this is our conception
of relations, it becomes hard to see how there could be a multi-
plicity of relations connecting the very same things in essentially
the very same way, and differing only in the order in which they
are connected. We are much more inclined to suppose that there
is a single underlying relation connecting the things together and

5



KIT FINE

that any difference in the order of connection is to be attributed
to the way we represent the relation as holding rather than to the
relation itself.

A comparison with roads may help to make the point. There is
a road from Princeton to Trenton and a road (with the same tar-
mac) from Trenton to Princeton. Are they the same or different?
There is perhaps a directional sense of ‘“road” in which they are
different. But even if we concede that there is such a sense, we
should surely acknowledge that there is a more basic adirectional
sense of “road” in which they are the same. Roads in the direc-
tional sense are merely roads in the adirectional sense upon which
a direction has been imposed. And similarly for the relational
“routes” between objects.

From this point of view, the bias that we perceive in the appli-
cation of relations is merely an artifact of our language or means
of representation. For in expressing or representing a relational
thought, we think of one relatum coming first and another second;
and this leads us to suppose that the relations themselves must
apply to the objects in a given order. However, in the reality that
we are attempting to depict, there is no corresponding form of
bias and the relations should therefore be taken to apply to their
objects without regard to the order in which they might be given.

This brings us to the linguistic reasons against the standard view.
It is natural to suppose that the predicates of an ordinary language,
that is written or spoken in sequence, will signify biased relations.
The predicate ‘loves’, for example, will signify a relation that holds
of a and b just in case a loves b But let us imagine a graphic
language of the following unusual sort. The predicates are taken
to be bodies, of no particular orientation, that contain designated
areas upon which the terms for the arguments are to be inscribed.*
So, for example, the amatory predicate of the language might be
a heart-shaped body that is red on one side and black on the other.
To say that one person loves another, we then inscribe the name
of the lover on the red side and of the beloved on the black side.
It is clear, in such a case, that there is no basis for taking the heart

“The language is reminiscent of Wittgenstein’s picture theory of mean-
ing; for insofar as the sentences of the language are like the facts, they will
share in the same absence of bias. I should note that the representational
features of ordinary pictures will give rise to similar problems.

6
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to signify either one of the relations loves or is loved by as opposed
to the other, since there is no relevant sense in which one side of
the heart takes precedence over the other.

Hence insofar as each predicate of the language is taken to sig-
nify a single relation, the relations so signified cannot be taken to
be in conformity with the standard view. It should also be noted
that the present linguistic considerations, in contrast to the previ-
ous metaphysical ones, need only draw upon an extensional con-
ception of relation (one under which relations with the same ex-
tension are the same). For the question of interest can be posed
in the form: does the heart signify a relation-in-extension that
holds of @ and b when aloves & or when &loves a? Thus the present
argument should even have force for someone who is unwilling to
entertain an intensional conception of relations.

2. General Requirements on a Solution

There are two broad kinds of response that might be made to the
previous arguments. The first, more conservative, response is to
refuse to countenance any alternative to the standard conception
of relations. After all, relations must relate; and it is hard to see
how they can meaningfully be said to relate unless they hold of
their arguments in a given order. The conservative responder
therefore faces a choice. He must either give up Identity and allow
that where there appears to be only one state of affairs, there are
in fact several—both the state of a being on top of 5, for example,
and the state of b being beneath a. Or he must give up Uniqueness
and allow that several different relations might be directly impli-
cated in the very same state of affairs. Similarly, in the linguistic
case, he must either take a heart to constitute two different pred-
icates or to constitute a single predicate that indeterminately sig-
nifies two different relations.

The second, more radical, response is to propose an alternative
to the standard conception of relations. Thus it will be allowed that
there is a conception of relations for which Uniqueness holds but
denied that it is one for which there is a meaningful notion of
converse (and similarly in the linguistic case). The embarrassing
diversity of states or complexes to which the denial of Identity
would otherwise give rise is thereby averted. The radical response
has the huge advantage of allowing us to respect the intuitions that

7
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gave the arguments their force and it is, in any case, of interest to
see what alternatives there might be to the standard view.

Before considering any particular responses of this kind, it will
be helpful to consider what, in general, might reasonably be re-
quired of such a response. There are two related aspects to this
question—one concerning exemplification and the other comple-
tion. Let us deal with each in turn.

It is of the very essence of relations to relate; and it is through
the notion of exemplification that we understand in what way they
relate. Thus any theory of the nature of relations worthy of the
name should provide us with an account of exemplification and,
in particular, should provide us with an account of its logical form,
that is, of the number and types of its arguments.

Now not every notion of exemplification will serve our purpose
in this regard. We may talk, for example, of a relation holding of
certain objects when it holds of them in some manner or anoth-
er—so that loves will hold of Jack and Jill regardless of whether Jack
loves Jill or Jill loves Jack. However, such a notion will not fully
reveal how the relation is exemplified, since it will not distinguish
between the exemplification of a relation and of its converse. Thus
what we require is a notion of exemplification that is canonical or
fully adequate in the sense that its exemplification should reveal
the exemplification, broadly and properly conceived, of each in-
dividual relation.

The main demand imposed on relations by the requirement of
adequacy is that they should have the capacity for differential appli-
cation. There are, in general, two ways in which a binary relation
might hold between any two objects, six ways in which a ternary
relation might hold between any three objects, and so on for re-
lations of arbitrarily high degree. For any given relation, it is in
principle possible for it to hold of an appropriate number of given
objects in some of these ways and not in others; and any adequate
notion of exemplification must be such as to make clear how this
might be so.

The standard view of relations accounts for differential applica-
tion in the most straightforward way imaginable. For each relation
is taken to apply to its arguments in a given orde; and it is to dif-
ferences in order that the different ways in which the relation can
apply to its arguments will correspond. A nonstandard notion of
exemplification, by contrast, cannot be sensitive to order—or, at

8
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least, not in the same way—since it would then be possible to re-
instate the notion of converse. Thus some means must be found,
on the nonstandard view, of accounting for differential application
without appealing to order.

There is a further characteristic of the standard notion of ex-
emplification that must also be abandoned under a nonstandard
view. Any notion of exemplification, standard or not, must relate
an n-ary relation to n objects, one for each “argument” of the
relation. But will there be any other relata? Will there be any aux-
iliary relata or “props” by which the application of the relation to
the principal relata is mediated?

For the standard notion of exemplification, the answer is no; its
relata are simply the relata of the given relation and the relation
itself. However, for any nonstandard notion of exemplification,
there must be other relata. For if there were not and if the notion
were indeed order-insensitive, then we would be left with some-
thing like the attenuated form of exemplification described above
and there would be no way to account for differential application.
Thus we reach the important conclusion that any nonstandard no-
tion of exemplification must be of a different logical form from
the standard notion; it must hold of some supplementary, non-
standard type of relata; and it is by reference to them, rather than
to order, that differential application is to be explained.

Similar conclusions may be drawn in regard to completion.
Again, the standard view provides us with the most straightforward
account of the notion: a relation “combines” with its relata, in a
given order, to form a relational complex. The resulting complex
is sensitive to the order of the arguments, with differences in order
corresponding to the different ways in which a complex can be
formed from the arguments. And there will be no further argu-
ments to consider besides the given relation and its various relata.

An adequate nonstandard notion of completion can possess nei-
ther of these characteristics. It cannot be sensitive to the order of
the arguments—or, at least, not in the same way. For we may define
exemplification in terms of completion along the following lines:
a relation holds in such and such a way just in case a corresponding
completion obtains.®> But then, given an order-sensitive notion of

SIf the resulting complexes are propositions, then “obtains” must mean
“is true”; if they are facts or the like, then it must mean something like
“exists,”
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completion, we could define an ordersensitive notion of exempli-
fication and hence reinstate the notion of converse.

Nor can nonstandard completion be regarded as an operation
that takes a given relation and its relata as its arguments and de-
livers a single complex as its value (should it have any value). For
if the notion is not order-sensitive, it will not then be capable of
accounting for “differential completion,” that is, for the multiplic-
ity of ways in which a complex may be formed from a given relation
and given relata. Thus, again, we reach the conclusion that the
logical form of this basic notion will stand in need of revision.

3. Positionalism

A radical solution to the previous problems calls for a conception
of relations as neutral or unbiased; and I here lay out the most
natural and straightforward view of this kind. I show that it does,
indeed, solve the problems and also argue that relations, so con-
ceived, are more plausibly regarded as basic than are their biased
counterparts. It is only in the next section that we shall consider
the reasons for rejecting the view.

Under this alternative conception, each neutral relation is taken
to be endowed with a fixed number of argument-places or posi-
tions. But by this, I do not merely mean that the relation is of fixed
degree—binary, ternary, or what have you. I mean that there are
specific entities that are the argument-places of the relation. Thus,
in the case of the neutral amatory relation, there will be two such
entities, the argument-places Lover and Beloved, that in some prim-
itive sense belong to the relation.

We might picture a relation, under the standard conception, as

an arrow:

whose head corresponds to the first argument-place of the relation
and whose tip corresponds to the second. By contrast, a relation
under the present conception is more appropriately pictured as a
solid body into which holes of various shapes have been formed:

O @)
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the different holes corresponding to the different argument-places
of the relation. So, for example, the neutral amatory relation,
might be depicted as a heart with a cubical hole for the lover and
a conical hole for the beloved.

It is essential to the present conception that there be no intrinsic
order to the argument- places. There is no “first” or “second”
hole, nothing that might correspond to the arrow of the standard
conception. We might impose an order on them from the “out-
side,” but there is nothing in the relation itself that dictates one
order as opposed to another.

Indeed, one might think of each biased relation as the result of
imposing an order on the argument-places of an unbiased relation.
Thus, each biased relation may be identified with an ordered pair
(R, O) consisting of an unbiased relation R and an ordering O of
its argument- places. Loves, for example, might be identified with
the ordered pair of the neutral amatory relation and the ordering
of its argument-places in which Lover comes first and Beloved sec-
ond; and similarly for is loved by, though with the argument-places
reversed. In this way, any biased relation may be decomposed into
a part that is pure content without order and a part that is pure
order without content.

How should we understand exemplification under such a con-
ception of relations? If we simply ask, “Does this relation hold of
these objects in such and such an order?”’ then no definite answer
can be given, for we do not know in what manner the relation is
to be applied to the objects. We might, of course, construe the
question to mean: does the relation hold of the objects in some
manner, or in all manners? The ambiguity is then resolved, but the
possibility of accounting for differential application is lost.

Thus, exemplification, properly understood, cannot simply be
taken to hold between a relation and its various relata. To indicate
the manner in which the relation is to apply to its relata, we must
make clear how the relata are to be assigned to the respective
argument-places. Exemplification must be understood to be rela-
tive to an assignment of objects to argument- places. Thus, in the
case of the exemplification of the neutral amatory relation to the
individuals Don José and Carmen, we must specify whether Don
José is to be assigned to Lover and Carmen to Beloved or Don José
to Beloved and Carmen to Lover

Given our previous picture of relations as perforated bodies, we

11
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might picture the exemplification of a relation in terms of “fit.”
For a relation to hold of various objects is for the objects to fit into
the holes of the corresponding body; and, of course, whether they
do so fit will depend upon which objects are to go into which holes.
Thus, the cubical hole in the heart will be suitable only for lovers
and the conical hole only for loved ones (and we might imagine
that the two holes are so connected that if a lover goes into the
one hole then only his loved ones will fit into the other).

We therefore see how a different view of the logical form of
exemplification is required. Under the standard conception of re-
lations, exemplification holds of a given n-ary relation R and n
objects ay, ay, ..., a, (in that order); the biased relation loves, for
example, will hold of Don José and Carmen. Under the present
conception, by contrast, exemplification will hold of the relation
R, the objects ay, a,, . .., @, and, in addition, the argument-places
oy, Oy, . . ., 0,; the neutral amatory relation, for example, will hold
of Don José and Carmen under their assignment to the respective
argument-places, Lover and Beloved. Thus, whereas manner of ex-
emplification is indicated, in the one case, by the order of the
arguments, it is indicated, in the other, by the assignment of the
arguments to argument-places.

The present notion of exemplification is not sensitive to the or-
der of the relata of the given relation—or, at least, not in the same
way as the standard notion. For all that matters to whether a given
neutral relation R holds with respect to the objects a, a, .. ., a,
and the argument-places o), oy, ..., &, is their order relative to
one another, and not the absolute order of the objects or argu-
ment-places themselves.

Nor does the present notion of exemplification permit a mean-
ingful notion of converse. We may indeed ask whether, for given
argument-places «, B, a’ and B’, the relation R holds under the
assignment of @ to &’ and & to B’ just whenever R holds under the
assigment of a to a and b to B. But this merely tells us whether the
relations are coextensive under the given alignment of argument-
places. To obtain the notion of converse, we also need to assume
that o’ = B and B’ = . But I doubt that there is any reasonable
basis, under positionalism, for identifying an argument-place of
one relation with an argument-place of another.®

8Exception should be made for the degenerate version of the position-
alist view in which each biased n-ary relation is taken to correspond to a

12
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We can give a related positionalist account of completion. Under
the standard view, the completion of a relation is the state (or what
have you) of that relation holding between certain objects in a
given order; the completion of loves by Don José and Carmen, for
example, is the state of Don José’s loving Carmen. On the present
conception, by contrast, the completion of a relation is the state
that results from assigning certain objects to the argument-places
of the relation; the completion of the neutral amatory relation
under the assignment of Don José to Lover and Carmen to Beloved,
for example, is the state of Don José and Carmen standing in the
relation of lover to beloved. Thus, in the first case, completion is
an operation that takes a given n-ary relation R and n relata g, a,

.., G, as its arguments, while, in the second case, the argument-
places o, oy, . . ., a, of the relation also serve as arguments. Com-
pletion, like exemplification, is relative to an assignment of objects
to argument-places.

It might again be helpful to think in terms of our previous pic-
ture of a relation as a perforated body. For its completion can then
be taken to be the result of filling in its holes with the actual or
putative relata.” Thus, completion, so conceived, is a kind of real-
life counterpart to predication in the language of hearts. Whereas
a predication is obtained by inscribing names in the designated
areas of a body, qua predicate, a completion is obtained by insert-
ing the actual objects into the holes of a body, qua relation.

With completion so understood, there is no difficulty in defining
exemplification: for a relation R will hold under an assignment of
objects to argument-places just in case the completion of R with
respect to that same assignment obtains. Nor is there any difficulty
in seeing how the truth of Uniqueness might be maintained; for
each relation may be taken to contribute its own distinctive char-
acter to the completions to which it gives rise. Indeed, this should
already be clear from the model in terms of perforated bodies; for

neutral relation whose argument-places are the numerical positions 1, 2,
. ..., n. We should note that if no two neutral relations can have the same
argument-places then reference to the relation in a claim of exemplifica-
tion is redundant, though of course the relation may still play a role in
making the statement true.

7If the completion is fact-like, then the objects must fit into the holes
into which they are inserted; if the completion is proposition-like, then the
objects may be inserted into the holes regardless of fit.

13
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underlying any given filled-in body will be a single perforated
body.?

It will be instructive to reexamine our earlier example of the two
blocks a and b in the light of the present view. We wished to say
that the relative position of @ and b corresponded to a single state
5. We now wish to claim that this state involves a single unbiased
relation, Vertical Placement, neutral between on top of and beneath.
This relation is endowed with two argument- places, ‘Top’ and ‘Bot-
tom’, and the state s is the completion of the relation under the
assignment of a to Top and b to Bottom.

Now in our discussion of this example, we also wished to say that
the single state s could be described both as *“‘the state of a’s being
on top of 4’ and as “the state of &’s being beneath a.”” This there-
fore suggests that there must be a sense of completion in which
the state is the completion of the biased relation on top of by a and
b and also the completion of the biased relation beneath by & and
a. If this is so, then the explanation of this sense of completion
would appear to be indirect, since the relation that appears to
figure directly in the completion is not the relation that is explicitly
completed. Rather, the completion, in this sense, of the biased
relation R by the objects a;, ay, . . . is the nonstandard completion
of the corresponding unbiased relation R’ under the assignment
of a, @, ... to oy, 0y, . . ., Where o, o, . . . are the argument-places
of R' in the order “imposed” by the biased relation R.

This point is of relevance to the more general question of which
of the two kinds of relation should be taken to be more basic.
Should we understand biased relations—their identity, exemplifi-
cation, and completion—in terms of unbiased relations? Or the
unbiased in terms of the biased? It seems possible in principle for
the explanation to go either way. For suppose we start with unbi-
ased relations. Then, as we have seen, a biased relation can be
taken to be the result of imposing an ordering on the argument-
places of an unbiased relation, and exemplification and comple-
tion can be understood accordingly. Suppose, on the other hand,
that we start with biased relations. Then we can take each unbiased

8We might also add that an incidental advantage of the positionalist view
is that it unequivocally and straightforwardly extends to infinitary relations.
This is not true of the standard view, since there are questions as to how
the arguments should be ordered and since some form of the axiom of
choice must be assumed.
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relation to be, or to be what is common to, a “permutation class”
of biased relations and, similarly, each argument-place of the un-
biased relation might be identified with a function that takes each
biased relation of the permutation class into a corresponding nu-
merical position. In the case of the amatory relation, for example,
the argument-place Lover will be identified with the function that
takes loves into position 1 and és loved by into position 2.8

We therefore face a familiar metaphysical predicament. We are
presented with two broad classes of items. It seems that either could
be explained in terms of the other; and since we do not wish to
leave unexplained what might be explained, we also believe that
one should be explained in terms of the other. But it is not clear
which it should be.

However, it seems to me that, in the present case, the predica-
ment can be resolved in favor of unbiased relations. For suppose
we ask: how might we explain the identity of the single state s above
in terms of biased relations? There seem to be only two possibili-
ties. The first is that each of the biased relations on fop of and
beneath results, via an appropriate form of completion, in distinct
“biased” states—the state s; of a being on top of b and the state s,
of b being beneath a—and that we explain the unbiased state s in
terms of what is common to s; and s,. But this is implausible; for
why, on such a view, are we inclined to say that there is the single
state s “out there” in reality, rather than the two more basic states
s; and s;? The other possibility is that the relations result, via an-
other form of completion, in the same state s, which can therefore
be explained either as the completion of on top of by a and b or as
the completion of beneath by b and a. But then surely we need to
explain how it is that these two completions result in the same
state; and the only plausible explanation is that they are comple-
tions (in our favored sense) of a single underlying unbiased rela-
tion. Thus, despite appearances, the better explanation is ulti-
mately in terms of unbiased relations.

But if the identity of states is to be explained in terms of unbi-
ased relations, then this suggests, more generally, that it is unbi-
ased, rather than biased, relations that should be taken to be more
basic. And this, of course, is consonant with metaphysical good

9There are certain complications and details in these explanatory re-
ductions that may, for present purposes, be ignored.
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sense. For biased relations appear to possess a genuine complexity,
which only becomes disentangled once we distinguish between
their “content” and their “bias.”

4. Antipositionalism

The positionalist view is very natural and plausible. But it is subject
to two serious objections: first, it requires us to accept argument-
places or positions as entities in their own right; and, second, it
leads to an erroneous account of symmetric relations. I here de-
velop a view of neutral relations that is subject to neither of these
difficulties and that has other advantages besides. In the next sec-
tion, I show how certain difficulties with the account can be met;
and in the last section, I show how it leads to a distinctive concep-
tion of relations and their argument-places.

We begin with the objections to the positionalist account. The
first of these is ontological. As we have seen, the positionalist is
obliged to reify argument-places or positions. It is not just that each
relation must be taken to be endowed with certain specific argu-
ment-places, but these argument-places must themselves be taken
to figure as relata in the application of a relation.

Now there is nothing objectionable about reference to argu-
ment-places as such. Even the standard theorist may grant that loves
holds with Don José in the first argument-place and Carmen in
the second argument-place of the relation, for this is merely to say
that loves holds of Don José and Carmen (in that order). But we
are strongly inclined to think that there should be an account of
the identity of argument-places in other terms and that there
should be an account of the relational facts, of the pattern of ex-
emplification, in which all reference to argument-places is es-
chewed.

If there were no such positionfree account of the relational
facts, then we could find ourselves having to include argument-
places among the fundamental furniture of the universe. For sup-
pose we were to attempt to describe the world in the most funda-
mental terms. Then we might well wish to refer to certain basic
relations and to certain basic individuals that they relate; and yet
surely we would not thereby wish to be committed to the existence
of argument-places as the intermediaries through which the ex-
emplification of the relations was effected. There must therefore
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be some way of explaining how relations are exemplified in the
world that does not involve any appeal to argument-places. The
difficulty with positionalism is that it makes it impossible to see
what this more basic account might be.

In addition to its ontological excesses, the positionalist view suf-
fers from certain substantive difficulties over the behavior of sym-
metric relations. I use the term ‘symmetric’ here in a stricter sense
than is customary. An unbiased binary relation Ris said to be strictly
symmetric if its completion by the objects ¢ and & is always the same
regardless of the argument- places to which they are assigned; and,
more generally, an unbiased n-ary relation is said to be strictly sym-
metric in its distinct argument-places «; and «, if its completion
under the assignment of a,, ay, a3, ..., @, t0O oy, Oy, g, ..., O i
always identical to its completion under the assignment of a,, aj,
@, . . ., Gy tO O, Oy, O, . . ., 0, Thus, strict symmetry requires iden-
tity of content and not merely identity of extension.

It seems clear that there are neutral relations that are strictly
symmetric. For example, the state of a’s being adjacent to &is surely
the same as the state of &'s being adjacent to @; and so the neutral
relation of adjacency is strictly symmetric. Or again, the state of &'s
being between a and ¢ is surely the same as the state of ¥'s being
between ¢ and a; and so the neutral relation of betweenness is
strictly symmetric in its last two positions.

The difficulty of the positionalist view here is in seeing how it is
possible for there to be such relations. The neutral relation of
adjacency, for example, should be endowed with two positions or
argument-places according to the view. Call them Next and Nixt.
Given that block a is adjacent to block b, there will be a state of
adjacency obtained by assigning a to Next and & to Nixt and also a
state of adjacency obtained by assigning a to Nixt and & to Next.
Intuitively, these states are the same. Yet surely, under the position-
alist view, they must be distinct, since the positions occupied by a
and & in the respective states are distinct.!°

19Two ways out have been proposed to me on the positionalist’s behalf.
The first is to treat a symmetric relation as a property of pluralities. But
this proposal gives up on a uniform treatment of relations and is unable
to deal with symmetric relations, such as overlap, that themselves hold be-
tween pluralities. The other proposal is that the relata in a symmetric re-
lation should be taken to occupy the same position. But consider the re-
lation R that holds of a, b, ¢, d when a, b, ¢ d are arranged in a circle (in
that very order). Then the following represent the very same state s (i)
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Indeed, from the metaphysical standpoint of positionalism, it
seems inevitable, whenever R is any binary relation and s is the
completion of that relation under the assignment of an object a
to one of its positions a and of a distinct object & to its other
position B, that a should occupy the position o in s, though not
the position B, and that & should occupy the position B, though
not the position a. Indeed, unless this were so, unless a and b were
the exclusive occupants of their respective positions, then it would
be hard to know how the notion of completion for the positionalist
was to be understood. Consider now the state s’ that is the com-
pletion of R under the reverse assignment of a to 8 and & to a.
Then a will not occupy the position a in this other state s’; and so
s’ cannot be the same as s. Thus, no relation R, under the posi-
tionalist view, can be symmetric.

Is there an alternative account of neutral relations for which
these difficulties do not arise? Even if we attend to only the first
of the two difficulties, it is hard to see how such an account might
go. For, as we have seen, any satisfactory nonstandard notion of
exemplification must involve other relata besides the relata of the
relation at hand; and these other relata must somehow serve to
indicate the manner in which the relation is to apply to the given
relata. Yet what could possibly fit the bill other than the argument-
places of the given relation? Neutrality can be earned at the ex-
pense of ontology. But how is it be acquired free of charge?

In considering this question, it will be helpful to work with the
notion of completion rather than exemplification (the topic of ex-
emplification will be taken up in the next section). We are after a
notion of completion that (i) takes only the given relation and its
relata as arguments, (ii) is order-insensitive, and (iii) yields all re-
lational complexes as values. When corresponding requirements

Rabed; (ii) Rbeda; (iii) Redab; (iv) Rdabe. Let «, B, 7y, 3 be positions corre-
sponding to the first, second, third, and fourth argument-places of R
(which may be the same). Then by (i), 4, b, ¢, d will occupy the respective
positions «, B, vy, 8; by (ii), b, ¢, d, a will occupy the respective positions «,
B, v, 8; and similarly for (iii) and (iv). Therefore, a, b, ¢, d will each occupy
all four positions o, B, vy, 3. By the same token, a, b, ¢, d will each occupy
all four positions o, B, v, 8 in the state represented by Racbd; and so it will
be impossible, on this view, to distinguish between the states represented
by Rabed and Racbd.
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were imposed on the notion of exemplification, we saw that they
could not be met. But, in the present case, there is a way out.

We naturally take completion to be a single-valued operation,
one that yields a single complex in any given application to its
arguments. But what is to prevent us from taking it to be a multi-
valued operation, one that is capable of yielding several different
complexes in any given application? We may then take “the” com-
pletion of a neutral relation R by the objects a;, ay, ... to be a
plurality of complexes, one for each way in which the relation might
be completed by the objects.!! So, for example, the state of Don
José’s loving Carmen will be a completion of the amatory relation
by Don José and Carmen, as will the state of Carmen’s loving Don
José, though neither can now be said to be the completion of the
relation and its relata.

Of course, even the positionalist or the standard theorist can
grant that a given relation will give rise to a diversity of completions
in its application to given relata. However, they suppose that there
is an explanation of what each of those completions is in terms of
how it is formed from the given relation and its relata. Thus, the
standard theorist will say that the different completions are formed
from the relation by applying it to its relata in one order rather
than another, while the positionalist will say that the different com-
pletions are formed from the relation by assigning the relata to
different argument-places.

The antipositionalist, on the other hand, will deny that there is
any further differentiation of this sort to be made. It is a funda-
mental fact for him that relations are capable of giving rise to a
diversity of completions in application to any given relata and there
is no explanation of this diversity in terms of a difference in the
way the completions are formed from the relation and its relata.

Our previous pictures of relations must therefore be abandoned
since there are now no argument-places or orientations by which
the different completions might be distinguished. A relation
should now be taken to be a simple unadorned body or “magnet,”

There are two ways to construe the notion; for we may require that
all of the objects be used in completing a relation or we may allow that
only some of them are used. The difference is not too important, but in
what follows we shall usually abide by the first construal.
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to which the relata of the relation are taken to be attached by some
sort of invisible bond. Different configurations may then be
formed from a given body and the relata, according to how they
are attached. But there will be nothing in the body itself that can
be identified as the parts or areas to which the different relata are
meant to attach.

With completion so conceived, each of the requirements (i)—
(iii) is clearly met. However, the account, as it stands, suffers from
an enormous lacuna. For it provides us with no way of distinguish-
ing between the different completions of a given relation and its
relata. Yet clearly the state of Anthony’s loving Cleopatra and the
state of Cleopatra’s loving Anthony are distinguishable; they are
not merely two indiscernible “atoms” within the space of states.
But if these states are not to be distinguished by how they derive
from the given relation and its relata, then how are they to be
distinguished?

It is a symptom of the same shortcoming that we are still unable
to provide an adequate account of exemplification. We can say that
a given relation R holds of the objects a;, a,, . . . if some completion
of Rby a, a;, ... holds or if all such completions hold. But we
have no way of saying that R holds in one way as opposed to an-
other. The capacity for differential application is lost.

I would like to suggest that this further problem can be solved
by making use of the idea that one state is the completion of a
relation in the same manner as another. Intuitively, this is a relation
that holds between a state s and its m constituents a;, 4 . . ., a,,
on the one side, and a state ¢ and its m constituents &, b, . . ., b,
on the other, just in case s is formed from a given relation R and
the relata a;, a, . . ., a, in the same way in which ¢is formed from
R and the relata &, &, ..., b,.!2 Thus, each of a;, @, .. ., a, will,
from an intuitive point of view, occupy the same positions in s as
b, by, ..., b, occupy in f the constituents on each side will be
similarly “configured” in their respective states. So, for example,

12There are somewhat different ways in which this comparative notion
of completion might be understood. Must all of the 4’s be distinct? And
can the 4’s be the same when the corresponding &’s are distinct? I suggest
that the answers to both questions be taken to be no.

20



NEUTRAL RELATIONS

if s, is the state of Anthony’s loving Cleopatra, and ¢, is the state
of Abelard’s loving Eloise, then s, will be a completion (of the
amatory relation) by Anthony and Cleopatra in the same manner
in which ¢, is a completion by Abelard and Eloise, since Anthony
and Abelard will both occupy the position of lover in their respec-
tive states while Cleopatra and Eloise will both occupy the position
of beloved.

We are now able to distinguish between the different comple-
tions of a given relation and its relata. For they will differ in the
relative manner in which they are configured. Suppose, for ex-
ample, that s, is the state of Cleopatra’s loving Anthony. Then we
may distinguish between s, and s, on the grounds that s, is the
completion by Anthony and Cleopatra in the same manner in
which g is the completion by Abelard and Eloise, while s'; is not.
Thus, the different states will be distinguished, not by how they
derive from the given relation and its relata, but by how they are
interconnected.

We are also able to distinguish between the different ways a re-
lation can hold; for we may use a given state and its constituents
as an exemplar of the manner in question. Suppose, for example,
that we wish to say that the amatory relation holds of Anthony and
Cleopatra in the manner characteristic of loving rather than being
loved. Then using f, above as an exemplar, we may say instead that
there is an (actual) state s that is a completion by Anthony and
Cleopatra in the same manner in which % is a completion of Ab-
elard and Eloise.

Now that the account is fleshed out, we see that it is able to
avoid the difficulties in the positionalist view. There is, in the first
place, no ontological problem. For the account makes no appeal
to argument-places or the like. It is true that the antipositionalist
must appeal to states or to some other form of relational complex.
But this is relatively benign, since it is not so clear that exemplifi-
cation should be understood independently of completion and
since the states are not themselves involved as relata in the exem-
plification of any given relation.

In the second place, there are none of the previous difficulties over
strictly symmetric relations. For it is not as if the relations came pre-
equipped with fixed positions through which any completion must
be mediated. So since there is no choice as to where the relata should
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go when they are combined with the relation, there is no possibility
of different choices leading to different outcomes.

But still it might be wondered: how come, in certain cases of a
binary relation combining with two relata, there is only one outcome
and not two? Our previous picture of a relation as a solid body may
be somewhat misleading in this regard since each of the relata will
have its own location in the configuration that results from attaching
them to the body, and hence the result of interchanging two relata
would always appear to yield a different configuration. However, the
parallel with other forms of composition may help to make clear how
the outcome might be unique. Consider, for example, the operation
for forming a doubleton {a, 8 from its members a and 4. This op-
eration will “combine” with its arguments to form a single set (there
being no difference between {g, 8 and {4, 4}). It is in much the same
way, then, that we may conceive of a symmetric relation combining
with its relata to form a single complex.

The antipositionalist view has another, related, advantage over
the positionalist view. For it is able to account for the possiblity of
variable polyadicity. It is plausible to suppose that certain relations
are variably polyadic in the sense that they can relate different
numbers of objects (and not merely through some of those objects
occurring several times as a relatum). There should, for example,
be a relation of suporting that holds between any positive number
of supporting objects @, a,, ... and a single supported object b
just when a;, a, . .. are collectively supporting &.

Under the positional view, it is hard to see how any relation
could be variably polyadic; for the number of argument-places be-
longing to a relation will fix the number of relata that may occupy
them. Under the antipositionalist view, however, there is no im-
pediment to a relation being variably polyadic, since there are no
preordained positions by which the number of arguments might
be constrained. Again, the comparison with the formation of sets
is instructive. For just as the set-builder is capable of uniting any
number of objects into a set, so a variably polyadic relation will be
capable of uniting different numbers of arguments into a relational
complex.

5. Antipositionalism Defended

I now wish to consider three difficulties with the antipositionalist
view. The first is that the view cannot properly account for how we
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ordinarily express biased relationships; the second is that it does
not provide a canonical account of exemplification; and the third
is that it makes illegitimate use of the notion of co-mannered com-
pletion. Seeing how these difficulties can be met will help deepen
our understanding of the view.

The first difficulty arises from our account of what it is for a
relation to hold in a particular manner. For this was taken to be
relative to some particular state and its constituents as an exemplar
of the manner in question. Yet surely in saying that one person
loves another we are not making reference to any other amatory
state or to any other lover or his love. How then, under the anti-
positionalist view, is this possible?

This problem may, I believe, be solved by seeing our ordinary
reference to relations as the product of a two stage process, one
ontological in character and the other linguistic. Let us describe
each in turn.

Since co-mannered completion is an equivalence relation, it will give
rise to corresponding abstracts, the manners of completion. A
manner of completion will be what is common to all those cases
of a state and its constituents that are co-mannered just as a length
is (or is often supposed to be) what is common to all those bodies
that are equally long. Thus, manners of completion will emerge as
the results of abstraction.

Consider now the reference state f, of Abelard’s loving Eloise.
We may identify the manner of completion characteristic of love by
means of the description *“the manner in which % is the comple-
tion of the amatory relation by Abelard and Eloise.” Once we have
identified the manner in this way, we may use the description to
“fix the reference” of a term ‘L’ for the manner in much the same
way that it has been supposed that we may fix the reference of a
metre by reference to the standard metre. But ‘L’ will now refer
directly to the manner, without the mediation of any descriptive
content; and in order to say that Anthony loves Cleopatra, we may
say that the amatory relation holds of Anthony and Cleopatra in
the manner L—and all allusion to the reference state and its par-
ticipants will be lost. Thus, predicates, as ordinarily understood,
may be regarded as the results of rigidification.

Of course, if we are to evaluate the ensuing claim that Anthony
loves Cleopatra in counterfactual circumstances, then this requires
that we understand what the manner of completion L is to be in
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those circumstances; we must be able to identify the manner of
completion from one world to another. But this would appear to
give rise to no special difficulty in the present case, for the relation
of co-mannered completion is not subject to variation across pos-
sible worlds and so we can always take L to be the manner of
completion of # and its constituents, or whatever other exemplar
might take its place, regardless of what the circumstances might be.

The resulting antipositionalist view is, of course, committed to
manners of completion. But the ontology is not objectionable in
the way that the ontology of the positionalist was. For he was
obliged to treat positions as basic objects, of which no explanation
in other terms could be given and to which appeal must be made
in accounting for the relational facts. But the antipositionalist can
treat manners of completion as derivative objects, as the products
of abstraction rather than as part of the apparatus of completion.
His commitment to them need require no more than a general
commitment to abstraction.

The second problem is to provide a canonical (or fully ade-
quate) account of exemplification. If differential application can
be understood by comparing one completion with another, then
this suggests that the notion of exemplification might be under-
stood by comparing one exemplification with another. Accordingly,
we might take the canonical notion of exemplification to be one
that holds between a neutral n-ary relation R and two n-tples of
objects @y, ay, . . ., a, and by, &, . . ., b,, and that holds of these items
just in case R holds of 4, a, . . ., g, in the same manner in which
it holds of &, b, . . ., &, (we might say, for example, that the relation
of Vertical Adjacency holds of the cat and the mat in the same
manner in which it holds of the cup and the saucer).!® Thus, the
application of a relation to its relata is relativized, not to the ar-
gument-places of the relation, as under the positionalist view, but
to other relata of the relation, which go proxy, as it were, for the
argument-places themselves.

13There are ambiguities in what it is for exemplification to be co-man-
nered that do not arise for the notion of completion. Suppose, for exam-
ple, that 2 and b love one another but ¢ bears unreciprocated love towards
d. Then do we say that the amatory relation applies to a and 5 in the same
manner in which it applies to ¢ and d? If co-mannered exemplification is
to be an equivalence relation, then we had better say no; and similarly for
other cases of this sort.
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However, this conception of exemplification is not really ade-
quate. For suppose that all amatory relationships were reversed (so
instead of a&’s loving 5, & would love a). Then the relative exempli-
catory facts would remain the same and yet, intuitively, the exem-
plification of the various relations would be different.!* This there-
fore suggests that we should take the notion of exemplification to
be one that holds of certain objects in a given manner L. But the
notion of a manner must then be explained in terms of abstrac-
tion, since it does not itself have a formulation in terms of the
most basic notions of the theory.

We see that, in the case of antipositionalism, there is no clear
choice as to what we should take the canonical notion of exem-
plification to be: we can either adopt a notion of exemplification
that is basic but not comprehensive or one that is comprehensive
but not basic. However, I do not take this to be an objection to the
view but merely an interesting aspect of it; and, indeed, it suggests
that the notion of exemplification cannot be properly explained
without making reference to manners and hence to the comple-
tions from which they are abstracted. Thus, the theory of exem-
plification will not have the same degree of autonomy under an-
tipositionalism as it has under other approaches.

The third, and most significant objection, is that we are not en-
titled to take the notion of co-mannered completion for granted
but should explain it in other terms. But this would appear to
require that it be explained in terms of manners, completions be-
ing co-mannered when their respective manners of completion are
the same; and consequently, the distinctive aspect of antiposition-
alism will be lost.

I agree that co-mannered completion is not the sort of notion that
should be taken as a primitive. But rather than define it “horizon-
tally” in terms of manners of completion, I suggest that we should
define it “vertically” in terms of the notion of substitution. For to

say that s is a completion of a relation Rby a;, a ..., a,, in the
same manner that ¢ is a completion of Rby &, &, .. ., b, is simply
to say that s is a completion of Rby ay, a, . . ., a, that results from

14There are perhaps relations for which reversal would not result in
different circumstances. Thus, someone who did not believe in time’s ar-
row might maintain that the reversal of all temporal relationships would
leave us with the very same temporal reality. However, it would be bizarre
in the extreme to hold such a view for all relations whatever.

25



KIT FINE

simultaneously substituting ay, a, . . ., a,, for &, b, .. ., b, in ¢t (and
vice versa).!® Thus, we should see the antipositionalist’s notion of
co-mannered completion as a special case of the more general no-
tion of substitution.

It is important, in this connection, to appreciate that we have a
general understanding of substitution, one that is not tied to any
particular domain of application. Thus, we can understand what it
is to substitute one expression for another, or one element of a set
for another, or one constituent of a material object for another,
and so on. And it is upon this general notion of substitution, which
we may already take to be understood, that the antipositionalist
may base his account.!®

But the previous objection may then be restated as follows. Let
us grant that there is a general notion of substitution. Still, for any
particular domain of application, there should be an account of
what it is to substitute one thing for another in terms of the struc-
ture of the entities upon which the substitution is being per-
formed. Consider, for example, the case of expressions (sequences
of letters). I may substitute ‘o’ for ‘i’ in ‘dig’ to get ‘dog’. But there
is an underlying structural account of how the substitution works.
For ‘dig’ is the concatenation of the three letters ‘d’, ‘i, and ‘g’,
while ‘dog’ is the corresponding concatenation of the letters ‘d’,
‘o’, and ‘g’. Thus, instead of concatenating with ‘i’, one concate-
nates with ‘o’; and it is in terms of the structure of the expression
as a concatenation of letters that one explains what the result of
the substitution will be.

Now the standard and positionalist theorist can certainly give an
account of substitution into relational complexes in structural
terms. Suppose, for example, that we wish to explain the result of
substituting Abelard and Eloise for Anthony and Cleopatra in the
state of Anthony’s loving Cleopatra. Then, on the standard view,

15Under certain conditions, the simultaneous substitution of many ob-
jects may itself be defined in terms of the single substitution of-one object,
and so the relatively complex notion of substitution can be reduced to a
much simpler notion. It should be noted that, given the notion of substi-
tution, we can take as our primitive notion of completion the notion of a
state being the completion of a relation by some or other objects. That a state
is the completion of a relation by certain particular objects can then be
determined through which substitutions make a difference to what it is.

18The matter is further discussed in Fine 1989, though within a very
different context.
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the initial state will be the completion of the relation loving by
Anthony and Cleopatra while the resultant state will be the cor-
responding completion of loving by Abelard and Eloise. And, under
the positional view, the initial state will be the completion of the
amatory relation under the assignment of Anthony to Lover and
Cleopatra to Beloved while the resultant state will be the corre-
sponding completion of the amatory relation under the assign-
ment of Abelard for Lover and Eloise for Beloved.

However, so the objection goes, the antipositionalist cannot pro-
vide a structural account of substitution of this sort. For the rele-
vant structure of the initial state is given by a manner of comple-
tion; and this itself must be understood, via abstraction, in terms
of substitution. Thus, it must for him be a brute fact that the one
state results from the other by substitution; and there can be no
explanation of this fact in terms of the underlying structure of the
states in question.

The antipositionalist may concede that the general notion of
substitution must be some sort of primitive; and he may also con-
cede that, for many domains, there is a structural explanation of
the substitutive facts. But the question we need to press on the
objector is why he thinks that there should always be an explana-
tion of this sort.

Now the only plausible answer to this question that I can think
of is that the general notion of substitution is not primitive after
all but is to be understood in terms of the general notion of a
structural operation. Thus, it must be supposed that we have a
general conception of the kind of structure that is conducive to
substitution and that is in terms of this general notion that we
understand what substitution is. So, for example, we might say that
t is the result of substituting & for @ in s if there is a structural
operation § that in application to a gives s and in application to &
gives . Given such an account of substitution, it would then not
be unnatural to suppose that, in the case of any given substitutive
fact, there should be an independent account of the structural
operation that rendered it possible.

However, it is not at all clear to me that we should understand
the general notion of substitution in terms of the general notion
of a structural operation. For we can equally well define the notion
of a structural operation in terms of substitution. For we can say
that Sis a structural operation if it respects the facts of substitution,
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that is, if its application to & is always the result of substituting &
for a in its application to a (as long as the application to & does
not already contain ). Indeed, the definition of structural opera-
tion in terms of substitution strikes me as more intuitive; and it is
to be preferred on the general grounds that the notion of substi-
tution (which applies only to the “ground-level” objects) is of low-
er logical type than the notion of a structural operation.

We should not be misled, in this connection, by the fact that a
structural account of substitution is, in some sense, always possible.
The antipositionalist, for example, may concede that there is a
structural operation, a manner of completion, that takes the am-
atory relation and the objects a and & in that order into the state
of a’s loving b However, he will insist that we explain what the
structural operation is in terms of substitution rather than the oth-
er way round; and something similar might be said in any other
case. Thus, the mere fact that there cannot be substitution without
structure does not mean that it is by reference to the structure that
the possibility of substitution should be explained.!”

6. Antipositionalism Developed

I shall now try to bring out some of the ways in which antiposi-
tionalism leads to a distinctive view on the nature and behavior of
manners of application or completion and of positions.

"David Lewis and Cian Dorr have raised another objection against the
antipositionalist. For even if he can eliminate the bias from all other re-
lations, will he not need to accept a biased relation of co-mannered com-
pletion? It is not clear to me that he is under the same obligation to
eliminate the bias in this case. But even if he is, it can be done. Let M be
a (biased) relation that holds of R, ¢, b, s, and awhen Ris a neutral relation,
a and b are distinct objects and, for some object ¢ distinct from both a and
b, tis the completion of Rby #and cin the same manner in which s is the
completion of R by a and ¢. Let C be a (biased) relation that holds of s
and a when a is a (possible) state that contains a as a nonrelational con-
stituent; and let S be a property had by s when sis a state. Given any biased
relation 7, let T" be its symmetric closure, that is, the relation that holds
of a,, a, ..., a, when T holds of 4, a,, ..., & for some permutation i,
ig, ..., i, 0f 1,2, ..., n. Then M(R, ¢, b, s, @) may be defined by:

MRt bs a) &C{ b &C(s, a) & S(0) & S(s).

Since the relations appearing in the definiens are all “symmetric,” we may
dispense with M in favor of the corresponding neutral relations. An exten-
sion of the argument can then be made to accommodate the more general
case.
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Although the antipositionalist does not appeal to the notions of
a position or of a manner of completion in his account of relations,
he is still able to reconstruct these notions within the confines of
his theory. For, as we have seen, he may treat manners of exem-
plification or completion as abstracts with respect to the equiva-
lence relation same manner of completion. And a similar treatment
may be given of position. For we may define a in s is copositional
with &in ¢ by: s results from ¢ by a substitution in which b goes into
a (and vice versa). Positions can then be taken to be the abstracts
of constituents in relational complexes with respect to the relation
co-positionality.

But under any such reconstruction, it would appear that posi-
tions and manners of exemplification must ultimately be individ-
uvated in terms of the states and constituents by which they are
made manifest. Suppose, for example, that we ask: what is the man-
ner in which the amatory relation holds of Don José and Carmen?
Then we may push the question back a bit, for we may say that it
is the same manner in which the amatory relation holds of two
other individuals. But in the last analysis we must simply identify
the manner as that which is exemplified by a particular amatory
state and its constituents. And similarly for positions.

The point may again be made vivid by reference to our earlier
picture of relations as solid bodies that get bound to their relata.
For in the resulting configurations, we may distinguish the roles
played by the different relata and the manner in which they are
bound to the relation. But there is nothing in the body itself—
such as a hole or orientation—to indicate what that role or manner
might be.

The standard view also treats positions and manners as derivative
entities, but it does not identify them in terms of states. For the
manner in which a given relation applies to certain arguments is
given by their order; and the argument-places of a relation are
given by their numerical position (as first, second, third, etc). Ref-
erence to states can also be avoided under the positionalist view,
since the manner in which a relation holds of certain arguments
will be given by an assignment of the arguments to the positions
of-the relation, while the positions themselves are simply taken as
given.

Related remarks pertain to the individuation of the relational
complexes. Suppose the antipositionalist is asked to identify the
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state of Anthony’s loving Cleopatra. Then he may say that it is a
completion of the amatory relation by Anthony and Cleopatra and
even that it is the completion of the relation by Anthony and Cle-
opatra in the same manner as another amatory state is the com-
pletion of its respective constituents. He can also, in a fashion,
distinguish the state from its converse, the state of Cleopatra’s lov-
ing Anthony, since each is obtainable from the other through the
interchange of constituents. But if he is asked to identify the state
absolutely, independently of any other state, then he will be
stumped—for there is nothing he can say to distinguish the given
state from its converse. It must somehow be manifest from the state
itself that it is the state that it is and not the converse.!®

Under the standard or positionalist views, by contrast, each state
can be identified as the appropriate kind of completion. Thus, the
state of Anthony’s loving Cleopatra will be taken, under the stan-
dard view, to be the completion of the relation loving by Anthony
and Cleopatra, and will be taken, under the positionalist view, to
be the completion of the amatory relation under the assignment
of Anthony to Lover and Cleopatra to Beloved. Thus, states can be
straightforwardly identified in terms of their relations and relata.

Positionalism and antipositionalism do not merely differ on the
status of positions but also on their behavior. Consider again the
state s of block a being adjacent to block &. Let s’ be the state that
results from substituting & for a and a for 4 in s. For the antiposi-
tionalist the states s and s’ will be the same, whereas for the posi-
tionalist they will be distinct. This difference in the facts of substi-
tution now leads to a difference in the behavior of positions.

To see why this is so, we need to consider two principles con-
cerning the identity and difference of position. Say that an object
ais a constituent of a complex if it is open to substitution, that is, if
one can substitute another object for @ within the complex.!® The

18An even more radical view than the one I am inclined to adopt would
take states or propositions as basic and treat relations as some kind of
abstraction from them. A view of this sort is proposed and developed by
van Fraassen (1982).

191t should not be thought that every part of a whole is a constituent.
In particular, the neutral relation in a relational complex cannot sensibly
be regarded as a constituent, since we can give no well-defined meaning
to what it would be to substitute one neutral relation for another. Given
the state of a’s loving b, for example, we cannot say whether the result of
substituting the relation of vertical placement for the amatory relation
would be the state of a’s being on & or #'s being on a.
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first principle then states a criterion for difference of position with-
in a complex:

(1) If @ and b are distinct (nonoverlapping) constituents of the
complex s, then they occupy different positions within the
complex, that is, the position of g in sis not the same as the
position of & in 5.2

The principle is plausible; for where a and b are two constituents
of 5, both may be removed from s to yield an abstract whose two
“open” positions are the respective positions of ¢ and b in s.

The second principle is a criterion for the sameness of position
across complexes:?!

(2) If @), a,, ..., a, are the distinct (nonoverlapping) constitu-
ents of s and ¢ is the result of substituting b, for a), & for a,,
.., and &, for a,, then each & in ¢ occupies the same posi-

tion in ¢ as g, occupies in s.

In other words, position is preserved under substitution. Again, the
principle is plausible; for the result of substituting 4, &, . . ., b, for
a4, Gy, ..., G, in s may equally well be regarded as the result of
removing each of a;, @, . . ., g, from their respective positions and
inserting each of &, b, . . ., b, into the positions formerly occupied
by a), ay, . . ., a,.

Plausible as each of these principles may be, they cannot both
be maintained given the existence of symmetric complexes, that is,
the existence of complexes whose identity is preserved under an
interchange of constituents. For since the constituents of such a
complex are distinct, they must occupy different positions within
the complex by (1). If now we interchange the two constituents,
the position of each constituent in the original complex will be
the same as the position of the other consituent in the resulting
complex by (2). But the original and the resulting complexes are

201t is worth noting that this and the following principle may be for-
mulated using the relative notion of position, namely, “a in s has the same
position as & in ¢” rather than the absolute notion, “the position of a in
s.”. However, the informal justifications of the principles appeal to the
absolute notion.

21This principle may itself be derived from more basic principles. But
the more refined analysis of the case need not concern us here.
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the same, by symmetry; and hence each each constituent will have
the same position as the other in that complex. A contradiction.

Thus, we must either reject the existence of symmetric relations
or deny that principles (1) and (2) have universal application to
relational complexes. The positionalist view, with its full-blooded
commitment to an ontology of positions, would appear to require
the acceptance of the principles and hence the rejection of sym-
metric relations. But under the antipositionalist view, we can, with
much greater plausibility, accept the existence of symmetric rela-
tions and deny the principles.?

We might think of the present account of the application of
relations as the outcome of adopting a successively stricter relativ-
istic stance. We began with the standard conception of application,
under which a relation applied to its relata in an absolute manner.
This was replaced by the positional conception, under which ap-
plication was relative to an assignment of the relata to the positions
of the relation. But this conception operated with an absolute no-
tion of position; and this has now been replaced with the relative
notion of co-positionality or sameness of manner.

Under these transitions, the concept of relation has become suc-
cessively simpler and the concept of application successively more
complex. Thus, initially relations had a built-in bias, but were ca-
pable of applying directly to their relata; they then lost their bias
in favour of argument-places, but applied only indirectly to their
relata; and finally, they lost all internal complexity and only applied
to their relata via a network of connections. The complexity has
been transferred, as it were, from the internal structure of the
relations to the outward apparatus of application and the concept
of a relation has thereby been stripped to its core, without any of
the trappings of bias or position by which it was previously encum-
bered.

The antipositionalist can therefore claim, with some justification,
to have gotten hold of the very essence of our idea of a relation.

New York University

?2This means, of course, that the antipositionalist cannot satisfactorily
reconstruct the positionalist’s account of position. But since the account is
in error, this is no great loss.
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